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Highlights
A Type 2 Wavelet Brain Emotional Learning Network with Double Recurrent Loops based
Controller for Nonlinear Systems

Zi-Qi Wang,Li-Jiang Li,Fei Chao,Chih-Min Lin,Longzhi Yang,Changle Zhou,Xiang Chang,Changjing Shang,Qiang
Shen

e Integrating a type-2 wavelet function to a brain emotional network to improve the nonlinear function learning
performance.

e Introducing a double-loop structure to a brain emotional network to improve the ability of historical information
extraction from dynamic systems.
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ARTICLE INFO ABSTRACT

Keywords: Conventional controllers for nonlinear systems often suffer from co-existences of non-linearity
Brain emotional learning network and uncertainty. This paper proposes a novel brain emotional neural network to address such
neural network control systems challenges. The proposed network integrates a Type 2 wavelet neural network into a conventional
nonlinear systems brain emotional learning network which is further enhanced by the introduction of a recurrent
double recurrent neural loops structure. The proposed network, therefore, combines the advantages of the Type 2 wavelet

function, recurrent mechanism, and brain emotional learning system, so as to obtain optimal
performance under uncertain environments. The proposed network works with a compensator
to mimic an ideal controller, and the parameters of both the network and compensator are up-
dated based on laws derived from the Lyapunov stability analysis theory. The proposed system
was applied to a z-axis microelectromechanical system gyroscope. The experimental results
demonstrate that the proposed system outperformed other popular neural-network-based control
systems, indicating the superiority of the proposed network-based controller.

1. Introduction

Dynamic control systems such as robots have received extensive attention in recent years [2, 3, 15, 22, 27, 29, 30,
32]. Traditional control methods such as proportional-integral—differential controllers and sliding mode controllers
are not very effective for robots to deal with complex and unknown nonlinear systems. However, sliding mode control
schemes with embedded neural networks can lead better performances on robots [7, 13, 14, 25, 28]. In addition, self-
adaptive control methods can dynamically adjust their parameters according to the characteristics of the controlled
systems [9, 12, 18, 31, 35], so as to obtain further enhanced control performance.

Feed-forward neural networks do not acquire and utilize the historical information of dynamic systems. Thus
various feedback structures have been integrated into recurrent neural networks for obtaining the historical information
of a system under operation, in an effort to allow adaptive parameter adjustment of the control systems [4, 8, 24].
The traditional single feedback structure, such as [5, 8], takes the external signals into consideration, but it does not
consider the internal signals. This has led to the development of a double loop recurrent neural network for the control
of nonlinear systems with the improved ability of obtaining dynamic information [11]. Such a double loop structure
effectively handles both external and internal signals [10, 11], using Gaussian functions as the membership functions.
However, these studies did not consider complicated uncertainties and unexpected noises. In contrast, we notice that
brain emotional learning neural networks with better nonlinear approximate capabilities has been used in many neural
controllers [6, 20]; in addition, the type-2 wavelet structure has been used widely in recent investigations [1, 17, 19,
23, 26], such as the integration of a type-2 wavelet structure into a CMAC network [21]. Inspired by this, this paper
introduces the type-2 wavelet as the membership function for better uncertainly handling.

This paper reports a new neural network structure, i.e. a double loop Type-2 wavelet brain emotional learning
recurrent neural network (T2WBD), by addressing the key challenge of learning ability in the dynamic system control,
so as to make the controller converge to nonlinear function efficiently. In the proposed network, input signals are first
fed into the upper and lower channels of a Type-2 wavelet fuzzy structure and then relayed to the sensory and emotional
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Figure 1: Schematic Diagram of FBEL Structure

channels of a fuzzy brain emotional neural network. The final output of the neural network is an aggregation of the
output values of the two channels. In addition, two recurrent loops are created inside the network to improve the
ability to acquire dynamic information of unknown controlled objects. The contributions of this paper are summarized
as follows: 1) integrating a type-2 wavelet neural network to a brain emotional network for enhanced nonlinear function
learning ability under uncertain environments with unexpected noise, and 2) introducing a double looped structure to
a brain emotional network for improving the ability of historical information extraction and utilization in dynamic
systems.

This remainder of this paper is organized as follows: Section 2 introduces the underpinning of brain emotional
learning network; Section 3 presents the proposed network; Section 4 introduces a class of dynamic systems using
mathematical expressions, and the structure of the proposed network-based controller; Section 5 specifies comparative
experiments and ablation experiments on a z-axis microelectromechanical system gyroscope with experimental results
analysis, and Section 6 concludes the work and points out important future work.

2. Background and Related Work

A brain emotional learning neural network (BEL) imitating judgments and emotions of a human brain, consists
of two channels, each of which is implemented by a network. Thus, the two networks work independently in the
association memory layer and weight memory layer, which then jointly produce the final outputs. In addition, a fuzzy
brain emotional learning neural network (FBEL) involving an extra fuzzy inference layer is widely applied in many
network-based controllers.

The FBEL network as shown in Fig. 1 consists of the following four layers:

1) Input Layer: Each element in this layer receives one input signal and the input layer is defined as:

i={i1,i2, ,im}ERm, (1)

where i is a signal and m is the length of i.
2) Association Memory Layer: The output of the input layer is passed to the upper and lower channels. The outputs
of these two channels are respectively denoted as f and h:

=11 L1z fin fars Fos oo fans =05 Fonts Fmzo -+ s Fonr } € R™, 2
h={hy,hy....hphy Ay hoye oo Ry Ry oo By, € R™ 3)
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where f and & are two vectors; m is the dimension of the input vector; #n is the number of fuzzy rules corresponding to
each element of the input vector. In other words, in the lower and upper channel, each element of the input corresponds
to a vector, which represents n fuzzy rules. Each element f;; representing the i-th input through the j-th fuzzy rule,
thus f;; is defined as:

fo=ex S0\ o mi= 1.2 4)
ij = p Gijz =l 4....mj=1,2...,
where I; is the i-th input of the system; y;; represents the center of the Gaussian function, ¢;; indicates the width of
the Gaussian function f;;. Each element £, representing the i-th input through the j-th fuzzy rule, thus 4;; is defined
as:

2
hyy = exp <M> P= 12 mj= 12 s)

where b;; represents the center of the Gaussian function, ¢;; indicates the width of the Gaussian function A;

3) Weight Memory Layer: The output of the upper channel, denoted as o, is expressed as:

jor

0=Zi2j gorwg =12, mj=1,2,..,n 6)

where w;; is the weight of the upper channels corresponding to the output of the i-th line and j-th block in the upper
hidden layer of the sensory channel. Similarly, the output of the lower channel, denoted as a, is defined as:

azzizjhij*vij i=1,2,....mj=12,....n @)

where v;; is the weight of the lower channels corresponding to the output of the i-th line and j-th block in the lower
hidden layer of the sensory channel.
4) Output Layer:

Upgprc =0—a=2,; 2 fij * Wy — 2, X hyy kv i=12, . mj=12...n (8)

where w;; denotes a weight in the sensory channel, and v;; denotes a weight corresponding to the emotional channel.
The difference between the outputs of the two channels makes the final output of the network. The updating rules of
w and v are defined as:

w,-j=wij+Awij 9
_ o A ©)
Ui-—Uij+ U;j

J
To be specific, Aw;; and Av;; are defined by:

Aw;; = p X [fi; X (upgprc — d;)]
{ AUU/: a [hy; xj(max [0.d; = o] )] "

where a and f are the learning rates;
The d; in Eq. 10 is an adjustable parameter that is defined by:

d; =p; X I; + g X uggg ¢ an

where p and g are the given weight parameters.

3. Proposed Network Structure

The structure of the proposed Type 2 wavelet brain emotional learning network with double recurrent loops is
shown in Fig. 2. The network is comprised of an input layer, a hidden layer with feedback, and an output layer. The
hidden layer is divided into an upper channel and a lower channel. Each channel contains an association memory layer
and a receptive-field layer. The output of the receptive field layer is multiplied by a feedback coefficient and added to
the input of the associative memory layer. The output layer aggregates the outputs of the upper and lower channels
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Figure 2: Schematic diagram of T2WBD structure. The channels with « are the outloop feedback; the channels with y,
are the internal feedbacks.

to produce the final output of the network. The final output of the neural network and the previous output also act as
sources of feedback used by the input of the neural network.

The structure and signal propagation of the proposed network are specified as follows:

1) Input layer: The input of this layer x; is composed of the external input and historical output of the neural network
multiplied by a certain feedback coefficient matrix k. The output of each neuron node in this layer is expressed as:

I =x;-7
y=«x-R =123 ... mj=123,...n (12)

_ exnnj

j - eexnnj
where I = {i,i5,...,i;,...,i,} € R™ is the output signal of the input layer; x = [xl,xz, R PR xm] € R™ is the

external input; y; is the feedback from the historical output of the neural network; « is the feedback coefficient matrix
of size m X n; n is the number of output nodes of the neural network; m is the number of input nodes of the neural
network; exnn; is last output; eexnn; is the output prior to exnn;.

2) Association Memory layer: The input signal activates different rows by the associative memory layer. Each row
contains several blocks. In each block, the input signal is calculated by the corresponding fuzzy rules, and the generated

corresponding output is transmitted to the receptive field layer. Therefore, the outputs of this layer are defined as:

J— 2
_ Ii+wrexF —y;; (Ii+wrjeij—;4ij)
h..:—l.#.exp(_l.f

G ;i
! ’ , i=1,2,3,..mj=123, ..,k (13)
=1 T (1 —<Ii+ﬂj%j_mj>
=ij o o
where H = {hy,hyy, ... Ay hoy B, 712k, ceos Pyt By, By b € R™ s the output of the associative mem-
ory layer in the upper channel; H = {hll’ hlk, h21, h22, . h2k, hml, hm2’ ,ka} € R™ is the output of
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the associative memory layer in the lower channel; m is the dimension of the input vector for the associative memory
layer; and k is the number of blocks in each row of the Association Memory layer.

The corresponding relationship between the input and activation modules, as shown in Fig. 3, illustrates that the
i-th input value activates each block of the i-th row in the associative memory layer. In addition, wr ; and wr; are the

weights of internal feedback; exF jand exF ; are the outputs of receptive-field; y;; is the center of the wavelet function;
and o;; and g,; denote the boundaries of a wavelet function.

3) Receptive-Field layer: The output of the associative memory layer is sent to the receptive field layer, and the
receptive field is defined as:

_m
{ L=y (14)
Fy =11z by

where F = {F|,F,,-+,F;,-,F,} € Rfand F = (F|.F,.....F.,....F,} € RK are the outputs of the receptive-
field layer; k is the size of the output of the receptive-field layer; h; ; and hij are the outputs of the association memory
layer of the i-th line in the j-th block.

4) Weight memory layer: This layer consists of two neural network channels, which are the sensory neural network
channel and emotional neural network channel. The output from the upper channel enters the two channels. The result
of the upper channel a is achieved by calculating the difference between the output from the emotional neural network
channel and that from the sensory neural network channel:

a=wF - wF, (15)

where w € R™* is the amygdala memory weight; w € R™* is the prefrontal memory weight; nn € R" is the final
output.

Similarly, the output from the lower channel also enters two channels, and the output of the lower channel o is
similarly generated by subtracting the output of the emotional neural network channel from the output of the sensory
neural network channel:

o=wF-wkF. (16)

5) Sum layer: The final output of the network is generated as the summation of the outputs of the upper and lower
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Figure 4: Schematic Diagram of T2WBD Controller Structure. A main controller u,, embedded with T2WBD and a
robust controller u,, work together to produce control signals.

channels:

nn=a+o. a7n

4. Neural Network Controller

4.1. Control Problem Description
The structure of the sliding mode controller is shown in Fig. 4. The controlled object model is a class of nonlinear
systems, which can be expressed as:

X =W +AW)X + N (U + f,) + [y, (18)

where X € R"™ is a matrix of variables, including the displacement and speed of the control system representing the
state of the system; W € R"™ ™ and N € R™ 1 are constant matrices, which are important parameters constituting
the system; U € R4 is a variable matrix, representing the complete control value for the system; AW represents the
uncertainty of W; f, € R? is a non-linear function; f,; is an external disturbance. Thus, the nominal model of this
class of systems is defined as:

X=WX+NU +F, (19)
where F is a lumped formula of parameter uncertainty and external interference, which is defined by:

Assuming that the lumped equation F is bounded, then we have | F |< F,, where F, is a positive constant. Given
the nonlinear system model as expressed above, the control task is to find a controller so that the tracking trajectory X
can track the reference trajectory X ;. Therefore, the error between the tracking trajectory and the reference trajectory
is defined as: e = X; — X, and the derivative of the error is: é = X d— X. The sliding mode surface, s, of the system
is a linear combination of the error and the derivative of the error; s is then defined as:

M . 0 . Ay .. 0 [ . ]
; 1)
A

/OT_ea' t

where gT = {e("_l), ..., &, e} is a column vector, which consists of the tracking error e and its derivative. The coefficient
matrix on the left side can be simplified as:

0 .. Ay . O

Ay e O el Ay . O
A= cee = [/11 . /12] (22)
0 o Ay e O A,
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Eq. 21 is simplified to:

s=/lle+22/e. (23)
Differentiate Eq. 23 with respect to time:

s=4 (Xg—X)+ 4 (X, - X). (24)
Substitute Eq. 19 into Eq. 24, the following can be obtained:

s=M (Xy-WX—-NU-F)+ 4 (X;,-X). (25)

If the sliding surface is reachable, the following mathematical expression must be satisfied:

N | =
&|Q~

i=1
(1) <= 2eilsil. (26)

Substitute Eq. 25 into Eq. 26, yielding:

1

s-5=5[4 (Xy=WX-NU=-F)+1(X;—X)] s—ia,.|s,.|. 27)
m
Set §= 0, then the ideal controller U, is defined as:
Upy = (MN) " [Ay (Xg = WX) + 4y (Xg = X) = 4, F] . (28)
Based on Eq. 28, the neural network controller is defined as:
U= (MN)" [ (Xg=-WX)+ 4 (Xy - X) - U,]. (29)

where U, = osgn(s).Then, the Lyapunov function of the control system is defined as:

V= %sTs. (30)

Differentiate Eq. 30 with respect to time, then substitute Eq. 25 into the derivative of the Eq. 30 leading to:
V=ss=s"[1(X;,-WX-NU-F)+4 (X, -X)]. 31)
Substitute Eq. 29 into Eq. 31, we have:
vV =s" (—o-sgn(s) — /IIF)
= —ol|s| = sT A, F < —o|s| + A, F,|s| (32)

= —|S| (U— A,le) .

Set o > A F; , then V<0. According to Barbalat’s lemma, s will gradually converge to O; this means, based on
Eq. 24, e will gradually converge to 0. However, the parameter matrix, W as defined in Eq. 28, in the ideal sliding
mode controller is unknown. The next section introduces how to use the proposed neural network to solve this problem.

4.2. Rule Update
This paper uses the proposed neural network, T2ZWBD, to approximate W and X, then the model expressed in Eq.
19 can be rewritten as:

X=f+NU+F. (33)

Wang et al.: Preprint submitted to Elsevier Page 7 of 18
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Assuming that a set of ideal parameters, w*, w*, wr*, k*, u*, ¢, exist. Therefore, we have:
f* =M_)*F*—&*F*+(LD*£*—Q*E*) (34)
Based on Eq. 25, the neural network controller is defined as:
U= (4N)" [ (Xg=WX)+ 4y (Xg = X) = 4 F—3]. (35)
Accordingly to Egs. 29 and 35, § is defined as:
s=(4) (-WX+W*X*) = L\ F - U,,. (36)
Thus Eq. 36 can be rewritten as:
s=(4) (=F+r*) =M F=U,). 37
The lower channel is updated using an emotional learning rate. Therefore, this paper only considers the upper
channel, then the approximation error is:
= f =@ (F* + F) = i(F + F)+¢
=+ D)« (F+F+F+F)—(F+F)+e¢ (38)
WF + 0F + 0F + OF + 0F + 0F + ¢

where € is an approximation error. y
Using the Taylor expansion to respectively transform F and F in Eq. 38, the following can be generated:

= JF oF .
F=2= * _ o~ or ~x _ =
ou A(,u )+06'_¢(6 G)
H=H 0=0
oF ~\ OF (39)
- * _ - * _ A
+ owrl . (w wr) P ) (K' K)+ 1
wr=uwr K=K
=DF, -ji+DF; -6+ DF; -wr+ DF,-&+Ay,
_ OF oF
F= = —0)+ = * _ 4
E=o0l w=a)+ 52 ("-38)
Hu=p —lo-¢&
oE oF (40)
+ — Y —wr)+ — —R)+A
owr ) (M M) oK R (K K) 2
wr=1r K=k
=D£”~ﬂ+D££~§+D£ﬂ~@+D£K'f<+A2,
where A and A, are combinations of higher order terms. f, &, wr, &, ¢ and wr are respectively defined as:
ﬂz{ﬂuﬂlzwﬂlkmﬂmk} (@1
3={81]§12---31k“-‘:’mk} (42)
6={6,615 &1 Gyt (43)
r = {ibryibry ... ibry ) (44)
r = {ibr, i, ... r, } (45)
K= kIIIZlZ"'kln"'Emn}' (46)
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Thus, Dfﬂ , DF6 s DF . DFK, DF ,DF _,DF _and DF _are respectively defined as:
—w U=’ T —wr =K

wr>

DF; = 0.0 —...—~0...0 47)
004; 00 i
B m
m(k=1) "
0...0 — ... —
o 1 .
=~
0.0
owr|
- i-1 k—i
_ D
DF; =|10...0 s 00 (48)
[ k-1
owry,
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oF, oF,
0Ky OK 1
oK1 0K
0F,  0F,
0k 0K
oF,  oF
0Ky OK i
oF,  oF,
0Ky; 0K i
o0F,  oF,
0Ky; 0K i
oF, oF,
0Ky, OK i
oF,  oF,
oKy, OK i
0F,  0F,
oKy, 0K i
m
I — (2 )]
oF,  oF —
- ... 0...0
Opyy OHp
m
mi=1) e A (i)
——"0F,  oF ——
0.0 —+-+-——0...0
Oy Ofp

m
M(k—i) e e
~0F, aFk]

—_— mk—1)
oF, OF, m

(49)

(50)

(D
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[ k—1
L~ —
oF
=L 0...0
| duwr
[ i—1 k—i
Pl =11 (002 0}
| 05 O
[ k—1
—_—
[0...0 2,
| L owry, )
_ oF, oF, _
2371 0Ky
0F,  OF,
oK1y 0Ky
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0Ky 0K
. oF, oF, _
oKy OKy;
oF,  OF,
DEK= oKy O
oF, oF,
0K y; 0K
. oF, oF, _
oKy 0Ky
oF,  OF,
oKy, 0K,
oF, oF,
oKy, 0K,

Substitute Egs. 39 and 40 into Eq. 38:
f*=f=0F + OF + OF + 0F + 0F + 0F + ¢
= w(DF, - i+ DF, -5+ DF,, - ur+ DF,-
R+A)+@F +&(DF, - i+ DF, -5+ DF,,
- Wr+ DF -+ 0y) + @0F + 0F + 0F +¢
= w(DF, - ji+ DF; -6+ DF, - r+ DF, - &)

+@F + &(DF, - i+ DF,-&+ DF,, - wr+ DF,

&)+ WF + WF + 0F + WA + A, + ¢

= w(DF, - ji+ DF; -6+ DF, - r + DF, - &)
+@F + &(DF - ji+ DF_ -5+ DF,, - r+ DF_
)+ wF +7

(52)

(53)

(54)

where 7 = F + F + A, + A, + £ and we assume 7 is bounded, that is: | 7 |< . Then, the Lyapunov function
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is used to analyze the asymptotic stability of the control system based on the proposed T2WBD; and the prove process
is specified in the appendix section.

5. Simulations

5.1. Simulation Setup
The simulated environment of this experiment is the dynamic model of a gyroscope, which is expressed as:

X=W +AWM)X + N (U + f}) + fy (55)
where X is defined as:
X=[x x y j|" (56)

where x and x are the displacement and velocity in the x direction; y and y are the displacement and velocity in the y
direction, respectively. Thus, U in Eq. 55 is defined as:

— ux
o<
where u, and u,, are the outputs of the control system. Thus, W and N in Eq. 55 are defined as:
0 1 0 0
—w? —d wyy, = (dy, —29Q,)
— X XX Xy xy V4
=10 0 0 I (58)
vy —(dy+22%) -0 —dyy
0 0
1 0
N = 0 0 (59)
0 1

where AW represents the uncertainty of W'; the changing range of AW in this experiment is set to AW = W =
(rand(1) = 0.6 — 0.3); and f is a non-linear function, which is defined as:

fp =1[10sin(2t) 5 sin(xt) cos2xn)|’ (60)

where f,; is a random function that represents external interference, and f; is defined as: f; = [rand(1) rand(1)
0100 024000 .
000 1] ,Ay = [O 00 300] . The weights,
means, and variances of the proposed network are initialized with random values.
The parameters in Eqs. (66)-(72) are set as follow: 1 = 25,713 = 1.5, 94 = 2.5,n5= 25,16 = 12,97 = 1.2,
n8 = 105. The learning rate b and gain parameter c in Egs. (68) and (69) are set to 0.01 and 0.01, respectively.

rand(1) rand(1)]". A, and A, are system parameters, defined by: 4, =

5.2. Comparative Study

This experiment compared the efficiency of the proposed neural network against three traditional neural networks,
including the Fuzzy Brain Emotional Learning Network (FBEL) [20], Fuzzy Cerebellar Model Articulation Controller
Network (FCMAC) [16], and Double Loop Recurrent Neural Network DLRNN [11] by simulating trajectory tracking.
The objective of the controllers is to effectively track the reference trajectory. The tracking performances of these
controllers are reflected by their error converging speed and tracking accuracies. In this simulation, the reference
trajectory is a piecewise function, which is defined by:

_ sin(4.17t) 0<t<4r
YT\ 1.2sin(5.111) 4z <t <30

. (61)
B {1.2s1n(5.11t) 0<t<d4r

Y=\ sin@.17t) 4z <t <30
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Reference trajectory and Track trajectory in x direction Reference trajectory and Track trajectory in x direction during 13.0s~13.65 Tracking error in x direction

| e
10 DLRNN

Figure 5: The simulated position responses and tracking errors led by the proposed T2WBD and compared controllers

where ¢ represents the #-th time step. The complete control time is set to 30 seconds. The initial state of the system is
set to [0.7 0.1 0.7 0.1].

The tracked trajectory, tracking errors, and their magnified versions in both x-direction and y-direction are shown
in Fig. 5. In this figure, lines are colour coded to distinguish the results led by different controllers; in particular,
the reference trajectory is represented by a blue line, and the tracking trajectories generated by the FBEL, FCMAC,
DLRNN, and proposed T2WBD are shown by the black line, pink line, brown line, and red line, respectively.

The overall tracking performance of the proposed and the compared approaches during the entire control process
are illustrated in Figs. 5(a) and 5(d). All the neural network-based controllers successfully followed the reference
trajectory after a settling-down term. However, the FBEL and FCMAC based controllers were not very stable during
the several peak regions. In contrast, the DLRNN and proposed T2WBD can always closely follow the reference
trajectory.

To better distinguish the performance of different controllers after the settling down period, a zoomed in presenta-
tion of the tracking in the x direction from 13.0s to 13.6s and in the y direction from 6.75s to 7.25s are shown in Figs.
5(b) and 5(e) respectively. As shown in Fig. 5(b), from 13.1s, all the network-based controllers generated tracking
errors in various degrees, but the errors generated by the FBEL-based controller were the most significant amongst
all the controllers; the DLRNN and FCMAC based controllers have led to smaller errors than FBEL. In contrast, the
errors led by the proposed T2WBD were the smallest within all the competing controllers, which is also confirmed by
Fig. 5(e).

Figs. 5(c) and 5(f) demonstrate the overall changing curves of the tracking errors over time. Due to the change
of reference trajectory at 4 X xs, all controllers showed large errors at about 12.65s. Noticeably, the proposed T2ZWBD
controller demonstrated the fastest converging speed and the smallest errors amongst all employed controllers in this
experiment.

The sums of the squared errors and mean square errors of the tracking trajectory led by different neural network
controllers in both the x-direction and y-direction are summarized in Tables 1 and 2, respectively. These tables also
suggest the proposed T2ZWBD exhibited better tracking performance than other neural network-based controllers.
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Table 1

Comparison of Approximation Performance in the x-direction in the comparative study

Neural Network (SSE) (MSE)
FBEL 98.881548 0.000329605
FCMAC 173.935847 | 0.005797862
DLRNN 49.114993 0.000163717
T2WBD 37.953864 | 0.000126513
Table 2
Comparison of Approximation Performance in the y-direction in the comparative study
Neural Network (SSE) (MSE)
FBEL 305.128964 | 0.001017097
FCMAC 202.423319 | 0.006747444
DLRNN 49.681338 0.000165604
T2WBD 36.094869 | 0.000120316
Table 3
Comparison of Approximation Performance in the x-direction in the ablation simulation
Neural Network (SSE) (MSE)
T2WBD w/o External | 32.160703 | 0.000107202
T2WBD w/o Internal | 76.536125 | 0.000255120
T2WBD w/o Type 2 | 44.114399 | 0.000147048
T2WBD w/o FBEL 46.077371 | 0.000153591
T2WBD 29.060304 | 0.000096868
Table 4
Comparison of Approximation Performance in the y-direction in the ablation simulation
Neural Network (SSE) (MSE)
T2WBD w/o External | 29.137434 | 0.000097125
T2WBD w/o Internal | 75.402097 | 0.000251340
T2WBD w/o Type 2 40.416374 | 0.000134721
T2WBD w/o FBEL 64.222966 | 0.000214077
T2wWBD 28.395072 | 0.000094650

5.3. Ablation Simulation
The second experiment used three ablation simulations to show the effect of the recurrent structure, the Type 2
wavelet function, and the brain emotional structure. The reference trajectories of the second simulation was set to:

{

where 7 represents time. In this experiment, the whole control time was set to 30 seconds, and the initial state of the
system was set to [0.70.10.70.1].

Tables 3 and 4 respectively show the sum of squared errors and the mean square errors in the x-direction and y-
direction led by different network setups, including the basic structure (1) without external loop, (2) without internal
loop, (3) without Type 2 fuzzification layer, and (4) without FBEL structure. These two tables show that the inner
loop, Type 2 layer, and FBEL mechanisms played a key role in the controllers, as the values of both SSE and MSE
were increased significantly without the inclusion of these mechanisms. In contrast, the effect of the out loop structure
was not as important as those other investigated mechanisms; because both SSE and MSE led by these were close to
those of the full structure of T2ZWBD.

X = sin(4.171)

. (62)
y=1.2-sin(5.11%)
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6. Conclusion

This paper reported a new controller which integrates a type-2 wavelet function to a brain emotional network for
enhanced nonlinear function learning ability with the support of a double-loop structure to the emotional network for
effective use of historical information of dynamic systems. The stability of the controller is guaranteed by an adaptive
learning approach, which is developed based on the Lyapunov theory. The proposed network was embedded in a
network-based controller structure targeting a class of nonlinear systems. The controller was composed of a neural
network and a robust controller, to realize efficient tracking performance of nonlinear systems. The control strategy
proposed in this paper was applied to a z-axis MEMS gyroscope. Through comparative study and ablation simulations,
it is proved that the proposed neural network structure generates better precise position tracking and demonstrates more
favourable stability.

This paper can be further improved in several directions. For example, it is necessary to build a stable organizing
method [33, 34] to reduce the node number’s instability. In addition, it is also crucial to apply our system to control
real-time models and to deal with the chattering problems in real dynamic systems.

A. Appendix

The Lyapunov function is used to analyze the asymptotic stability of the control system based on the proposed
T2WBD. The Lyapunov function of the proposed controller is defined as:

T
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| —
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ﬂ
=
Sn

1 . . 1 = =
) + ztr (MTT’[:;[I) + Etr (6 ;740')

tr (67ns) + %tr (60T nguiir) + %tr (a6r" 1) 63)

V=sTs+tr <u:)T171ui)> +tr (A" nsji) +tr (c:rTn43') +
tr (6" nsg) +tr (15rT;1615r> + tr (wr ny1r) (64)
+tr (IETHSI?) .
Substitute Eqs. 37 and 54 into Eq. 64, we have:
V =s"{}[W(DF, - i+ DF; - & + DFy, - ir + DF, - &)
+@(DF,, - ji+DF, &+ DF,, -ir+DF_-%)
+BF + BF] + Ayt — L, F —U,.} (65)
+ te(@ i) + te(i” 3 i) + tr(5T 1, 5) + tr(67 ns6)
+ tr(ibrT ngior) + tr(r’ nyur) + tr (&7 ngic).
Therefore, set sT 1, WF + sT Ay MZJE +1r <L7)Tr/1 ﬁ)) = 0, we then have:
2 ﬁTSTAI
w=—-———-= (66)
m
Set sT/llzf)Dfuﬂ + sT/lllfJDEMﬂ +tr (i n3ji) =0, the following holds:
. s"A@(DF, + DF,)
ji=— . (67)

3
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Set sT A l0DF ;65 + tr <S'T;145> = 0, then we have:

2 STiluﬁJDf&
o S NWTTs (68)
yr
Set sT AjwDF & + tr (6Tns6) = 0, then we have:
sT A DF |
- (69)
s
Set sT A{i0DF 107 + tr <L5rT;16L5r> = 0, then we have:
T, 5DF
= st AjwDF
LI wr (70)
M6
Set sT AywDF - r+ tr (r" n;ur) =0, then we have:
T o
. N AIWDEWV
Gr=—— 1)
n
Set s AywD(DF, + DF )& +tr (kTng &) =0, then we have:
_ sTA,wD(DF,. + DF )
f=o— S (72)

ng
Substitute Eqs. (66-72) into Eq. (65), we have:

V=s"[At- A F-U,]
= [/117 - MF - o-sgn(s)] (73)
< —lsl [O' - AITO - Ale] .

The update rule of w is determined by the emotional update rule:

W =a-[max(0,d —a) - F], (74)
where a is a learning rate, and d can be expressed as:

d=b-ss+c-nn. (75)

where b and c are given parameters. In Eq. 73, o is set to be slightly larger than 4 (Fd + TO), thatis, o > 4 (Fd + 70)+
E. ThenV < =& |sT < 0. Thus V is a semi-negative definite value, which means V is bounded.
From V < —& |s"|, we have:

t
/0 ‘ST‘ dt < (1/&)(V(0) - V(©)). (76)

Because V' (0) is bounded, and V' (¢) is bounded and non-incremental, fot |sT| dt is bounded. In addition, $ is bounded.
According to Barbalat’s lemma, the following equation has been proved:

lim s = 0 (77

t—00
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